Toan 11 — Mit phing song song mit phing Date: ....eveeeiaann..

ICHUYEN PE 4. MAT PHANG SONG SONG MAT PHANG

A. LY thuyét
Phwong phap I
Co s& ciia phuong phap ching minh hai mat phang (o) va (3) song song nhau la:
e Budc 1: Chitng minh mdt phang () chita hai dwong thang a,b cat nhau lan
lieot song song voi hai dwong thang a',b' cdt nhau trong mat phang (3) .
e Budc 2: Két lugn () || (B3) theo diéu kién can va dil.
Phwong phap 2:
e Budc 1: Tim hai duong thiang a,b cdt nhau trong mdt phang (&).
e Bubc 2: Lan luot chimg minh a |/ (8) va b /| (3)
e Budc 3: Két lugn («) /| (B).

B. Bai tap
Bai 1. Cho hinh chop S.ABED, ¢6 day la hinh binh hanh tam O. Goi M, N lan luot 1a
trung diém ctia SA, SD:

a) Chung minh (OMN) // (SBC).

b) GoiP, Qla trung diém ctia AB, ON. Chimg minh PQ // (SBC).
Bai 2. Cho tt dién ABCD. Goi I, J 13 hai diém di dong 1an luot trén cac canh AD, BC sao
cho ludn co: A_B :

ID JC

a) Chung minh IJ lu6n song song v&i 1 mat phang cb dinh.

b) Tim tap hop diém M chia doan 1J theo ti s6 k cho trudc.

c) Tap hop diém M 1a doan EF véi E, F 1a cac diém chia AB, CD theo ti s k.
Bai 3. Cho hinh chép S.ABCD, c6 day la hinh binh hanh tdm O. Goi M, N lan luot 1a
trung diém ctia SA va CD.

a) Ching minh (OMN) // (SBC).
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b) Goi I 1a trung diém cua SD, J 1a mot diém trén (ABCD) va cach déu AB, CD.
Chung minh 1J song song (SAB).
) Gia sir hai tam giac SAD, ABC déu can tai A. Goi AE, AF 1a cac duong phan giac
trong cua cac tam giac ACD va SAB. Chung minh EF // (SAD).
Bai 4. Cho hai hinh vuéng ABCD va ABEF ¢ trong hai mit phing khac nhau. Trén céc
duong chéo AC va BF lan luot 1iy cac diém M, N sao cho AM = BN. Cac dudng thing
song song voi AB v& tir M, N lan luot cat AD, AF tai M/, N.
a) Chung minh: (CBE) // (ADF).
b) Ching minh: (DEF) // (MNN'M’).
¢) Goil la trung diém cua MN, tim tap hop diém I khi M, N di dong.
HD c¢) Trung tuyén tam gidc ODE vé ti O.
Bai 5. Cho hai nira dudng thang chéo nhau Ax, By. M va N 14 hairdiémdi dong 1an lugt
trén Ax, By sao cho AM = BN. V& NP = BA.
a) Chung minh MP c6 phuong khong d6i va MN lubn song song voi 1 mit phang cd
dinh.
b) Goilla trung diém cia MN. Chting minh/T nam trén 1 dudng thang c¢b dinh khi M,
N di dong.
Bai 6. Cho tir dién ABCD c6 AB = AC.='AD. Chirng minh cac dudong phan giac ngoai
clia cac goc BAC,CAD,DAB dong phang.
HD: Ciing nam trong mdt phang quaAwa song song véi (BCD).
Bai 7. Cho hinh chép S.ABCD day la-hinh binh hanh tdm O. Goi M, N lan luot 13 trung
diém ctia SA, SD.
a) Chung minh rang : (OMN) // (SBC)
b) Goi P, Q ,R landuot1a trung diém cua AB, ON, SB. Ching minh : PQ // (SBC),
(MOR) /I (SCD)
Bai 8. Cho hai hinh"binh hanh ABCD va ABEF c6 chung canh AB va khong dong phang.
[,J,K lan luot 1a trung diém cac canh AB, CD, EF. Chung minh:
a) (ADF) /I (BCE) b) (DIK) // (JBE)
Bai 9. Cho céc hinh binh hanh ABCD, ABEF nam trén hai mit phang khac nhau. Trén
cac duong chéo AC, BF theo thir tu léy cac diém M, N sao cho MC = 2AM, NF = 2BN.
Qua M, N lan luot ké cac dudng thing song song véi canh AB, cét cac canh AD, AF theo
thir tw tai M,, N,. Chirng minh rang :
a) MN// DE
b) M:N: // (DEF)
c) (MNM:Nzy) // (DEF)
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Bai 10. Cho hinh chép S.ABCD c6 day 1a hinh vudng canh a. Trén AB ldy mét diém M
v6i AM = x. Goi () 12 mit phing qua M va song song véi mit phiang (SAD) cét SB, SC
va CD lan luot tai N, P, Q

a) Tim thiét dién ctia (o) v6i mat phang hinh choép . Thiét dién 1a hinh gi ?

b) Tim qui tich giao diém I ctia MN va PQ khi M di dong trén doan AB.

c) Cho SAD=90° va SA = a. Tinh dién tich cua thiét dién theo a va x. Tinh x dé dién

tich d6 bang %

Bai 11. Cho hai hinh binh hanh ABCD va ABEF c6 chung canh AB va niam trong hai
mit phang phan biét . Goi M, N thir tyr 13 trung diém cua AB, BC val,J, K theo tht tu
la trong tdm cac tam giac ADF, ADC, BCE. Chtirng minh (1JK) // (CDFE).
Bai 12. Cho tit dién ABCD. GoiG,,G,,G, lan luot 1a trong tam ciid cactam giac ABC,
ACD, ADB.

a) Ching minh : (G1G2G3) // (BCD)

b) Tim thiét dién cua t&r dién ABCD véi mat phing. (Gi1G2Gs). Tinh dién tich thiét

dién theo dién tich cua tam giac BCD la 8.

Bai 13. Cho hai tia chéo nhau Ax, By. Hai diém M, N lan luot di dong trén Ax, By sao
cho AM = BN. Ching minh riang duong thing MN ludn ludn song song véi mot mit
phang ¢ dinh.
Bai 14. Cho tr dién ABCD. Goi L, J-lan luot 13 trung diém cua AB va CD. Mot mat
phang qua IJ cit cic canh <ADva~BC lan lugt tai N va M. Cho trudc diém M, hiy
trinh bay cach dung diém/N. Xét'trwong hop dic biét khi M 13 trung diém ctia BC. Goi K
1a giao cia MN va IJ, Chung minh rang : KM = KN.
Bai 15. Cho hinh.¢hop S.ABCD, c6 day la hinh binh hanh tam O. Goi M, N lan luot 1a
trung diém cta SA, SD.

a) Ching minh"(OMN) // (SBC).

b) Goi P, Q 1a trung diém ctia AB, ON. Ching minh PQ // (SBC).
Bai 16. Cho ti dién ABCD. Goi I, J 14 hai diém di dong lan luot trén cac canh AD, BC

n . 1A B
sao cho ludn cé: B:_

JC
a) Chutng minh rang 1J ludn song song véi 1 mat phang c6 dinh.
b) Tim tap hop diém M chia doan 1J theo ti s6 k cho trudc.
Huéng dan:
a) 1J song song voi mp qua AB va song song CD.
b) Tdp hop diém M la doan EF véi E, F la cdc diém chia AB, CD theo ti s6 K.
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Bai 17. Cho hinh chép S.ABCD, c6 day 1a hinh binh hanh tim O. Goi M, N lan luot 1a
trung diém ctia SA va CD.
a) Chimg minh ring (OMN) // (SBC).
b) Goi I la trung diém cua SD, J 13 mot diém trén (ABCD) va cach déu AB, CD.
Chung minh 1J song song (SAB).
¢) Gia st hai tam giac SAD, ABC déu cén tai A. Goi AE, AF 1a cic dudng phén giac
trong cua cac tam giac ACD va SAB. Chung minh EF // (SAD).
Bai 18. Cho hai hinh vuéng ABCD va ABEF & trong hai mit phing khac nhau. Trén cac
duong chéo AC va BF lan luot 1ay cac diém M, N sao cho: AM = BN. Cac duong thang
song song véi AB vé& tir M, N 1an luot cat AD, AF tai M/, N'.
a) Chung minh: (CBE) // (ADF).
b) Ching minh: (DEF) // (MNN'M’).
c) Goi I la trung diém ciia MN, tim tap hop diém I khi M, N didong.
Bai 19. Cho hai nira duong thang chéo nhau Ax, By. Mwa N 1a hai diém di dong lan luot
trén Ax, By sao cho AM = BN. V& NP =BA.
a) Chimg minh MP c¢6 phuong khong doi va MNiludn 'song song v4i 1 mat phang c6
dinh.
b) Goi I 13 trung diém ctia MN. Chéng'minh [ nam trén mot dudng thang cb dinh khi
M, N di dong.
Bai 20. Cho tir dién ABCD. Goi(G1, G2, G3 lan luot 1a trong tadm céac tam giac ABC,
ACD, ADB.
a) Ching minh (G1G2G3) //(BCD).
b) Tim thiét dién cua t&r dién’ ABCD véi mp(G1G2G3). Tinh dién tich thiét dién khi
biét dién tich tam giac BCD 14 S.
c) M la diém di dong bén trong tir dién sao cho GIM ludn song song vi mp(ACD).
Tim tap hop.ahiing diém M.
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