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PHAN SO HQOC
CHUYEN PE 1. UNG DUNG PAO HAM PE KHAO SAT HAM SO
Dang 1. C4c bai toan lién quan dén tinh don diéu va tiép tuyén

2
Cau 1: Cho (C) 1a d6 thi hams6 y = Lxll Phuong trinh tiép tuyén cua (C) qua
X+
diém M (0;-5) Ia
A. y=-8x-5 B.y=-5
C.y=-5y=-8x-5 D. y=5y=8x+5

Cau 2: Cho (Cp) 1a dé thi ham s6 y = x* —2mx%+mx 2+ m 2(m —1). (Cyy ) cat truc
hoanh tai 3 diém phan biét thi diéu kién caa m 1a

A . m=0 B.m>1 C. m<1 D. m=1
Cau 3: Cho (C) 1a d6 thi ham s Yy = —x3 +3x% —2. sé tiép tuyén cia (C) song song
vé6i duong thang y = —9X Ia

Al B.3 C.4 D.2

2x+1 ANy £ o - £
= T Viét phuong trinh tiép tuyén cua (C) Jbict

Céau 4: Cho (C) la dé thj ham sé

tiép tuyén song song voi duong thang y =—-3x+15 Ia
A.
C.

y=-3x+1Ly=-3x-1 B. y=-3x+11
y=-3x-1 D. y=3x+11
2

X+ x-1
x—1
mdi diém ay Vi (C ) vudng goc voi duong thang di qua hai diém cuc dai, cuc tiéu

A. M (1-3)

Cau 5: Cho (C) 1a dé thi ham s y = . Tim céc diém trén (C) ma tiép tuyén tai

3 6
C. M1(1+£:3+%}M2£1—£;3—ﬂj
3 6 3 6

D. Khong c6 diém M nao
Cau 6: Cho him sb y = XL? (C). Tim m d& duong thing d:y=2x+m cht (C) tai 2 didm
X+
M, N sao cho d6 dai MN nho nht

A m=1 B. M=2 c.m=3 D. m=-1
. . —x2+x+4m . _ -
Cau 7: Tim m dé phuong trinh ——— = X —1¢6 2 nghiém phan biét
X+m
A|M<EH2 g m_644Z  Ccm>6-42 D
m>6+4«/§
m<6+4/2
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Cau 8: Cho ham sb y:%x?’ +x? —2. Phuong trinh tiép tuyén tai diém c6 hoanh do 1a
nghiém caa phuong trinh y’” = 0 la: Chon 1 cau dung

7 7 7 7
A y=Xx—— B. y=—x+— C.y=—x—— D. y=—x
y 3 y 3 y 3 y 3

Cau 9: Phuong trinh x3-3x = m? + m ¢6 3 nghiém phan biét khi:

A —2<m<l1 B.-1<m<2 C.m<l1 D.m>-21
Cau 10: Cho (Cy,) ladd thi hamsé y =x* —(2m+1)x* + 2m+1. (C,, ) ct truc hoanh
tai 4 diém phan biét thi diéu kién caa m l1a

1 1 1 1
A m>—— B.Oxm>—— C.m<— D.m=-—=
2 2 2

2
Cau 11: Cho ham sb y:—%x3+4x2—5x—17. Phuong trinh y'=0 c6 hai nghiém x,X,.

Khi d6 tdng x4 + x, bang ?

A. -8. B.8 C.5 D. -5
Cau 12: Cho (C) 1a dd thi ham s6 y=x>—3x+2. Piém M &(C) c6 hoanh do
Xy =0, A la duong thang qua M va c6 hé sb goc . Xac dinh k dé A cét (C) tai 3 diém
phan biét

A k=-3 B. k>1 C. k>-3 D. k<1
Cau 13: B0 thi sau day 1a caa ham s6 y = x* —3x +1. Véi gia tri ndo ciia m thi phuong trinh

x® —3x —m = 0cd ba nghiém phan biét. Chon 1 cau dung.
A

A -2<m<2 B.-1<m<3 C.-2<m<3 D —2<m<2
Cau 14: S giao diém cua dudng cong y = x* —2x? + x—1 va duong thangy = 1 — 2x |a:
Chon 1 cau ding

A.2 B.1 C.0 D.3
Cau 15: Goi M 1a giao diém caa d6 thi ham sé y:2x—21 Véi truc Oy. Phuong trinh tiép
X_
tuyén véi @6 thi trén tai diém M 1a: Chon 1 cau dung
3.1 3 1 3 1 3.1
A. =——X—— B. =—X+— C. =—X—— D. =——X+—-
=TS Y=3773 =373 V=73

Cau 16: Gia tri cia m dé duong thang y = m — 2x cit dudng cong y = 2X—+14 tai hai diém
X+

phan biét la:
A. m<16 B. m<—-4m>4 C. 4<m<4 D.m>4
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Cau 17: Gia tri cia m dé duong thang y = 2x + m cit duong cong y = x_+i tai hai diém
phan biét A, B sao cho doan AB ngan nhat 1a:

A.m=-1 B.m=1 C. m=2 D.m=-2
CAu 18: Cho ham sb y = —x* —2x*> —1 . Sé giao diém cua dd thi ham sé véi truc Ox bang

A0 B.2 C.3 D.4

Cau 19: Cho ham sé y=—x®+3x* -3 ¢6 do thi (C). Sé tiép tuyén caa (C) vubng goc Vai
duong thing y = é X+ 2017 l&: Chon 1 cau dung

Al B.2 C.0 D.3
Cau 20: Gia trj cia m dé duong cong y = (X —1)(x? + x+m) cét truc hoanh tai ba diém phan
biét la:

A. me(—z;ﬂ B. me(—oo;%J\{—Z}
C. me(%ﬁooJ D. me(—%;zj

Cau 21: Phuong trinh cac tiép tuyén cua d6 thi ham sd 'y = x® - 2x? + x di qua diém M(1;0) la:

y=x-1 y=0 y=0 y=x-1
Al st b B L1 Gt B
4 4 4 4 4 4 4 4
X2 +2X+2

Cau 22: Db thi ham sd:y= c6 2 diém cuc tri nam trén duong thang

y=ax+b véi: a+b="

A 4 B.-4 C.2 D.-2
Cau 23: Cho (C) 1a dé thi ham s y = f (x) = x> —3x?. C6 bao nhiéu tiép tuyén vei (C)
song song véi duong thang y =9x +10

Al B.3 C.4 D.2
Cau 24: Trong cac tiép tuyén tai cac diém trén do thi ham sby = x* —3x? + 2, tiép tuyén co6 hé
s6 goc nho nhét bang:

A.0 B.3 C.-4 D.-3

4 2
Cau 25: Hé so goc cua tiép tuyen caa do thi ham so y:xZ +X?—1 tai diém c6 hoanh d6 Xo =

- 1 bang: Chon 1 cau dung ’
A0 B. Bap so khac C.2 D. -2

Cau 26: Cho ham sb y = % x® —2x% +3x+1 (C). Tim phuong trinh tiép tuyén ctia dd thi (C),

biét tiép tuyén d6 song song v6i duong thang y =3x—1

A Y=3x+1 y:3x—2—; C. Cau A va B dang D Y=3x+20
: B. :
2
. . X®—3X+3 . , ,
Cau 27: Cho (C) la o thi ham so Yy :ﬁ. Tim m dé duong thang Y =m cat
X_

(C) tai 2 diém phan biét A, B sao cho AB =2
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A m=1 B.m:_l_z\/z;m:_lJrZ\/E
2 2
C.m=-1 D.m=2
Cau 28: . Puong thang y =3x+m la tiép tuyén cta dudng cong Y = X° + 2 khi m bang
A. 1 hoac -1 B. 4 hoac 0 C. 2 hoac -2 D. 3 hoac -3
X2 —x+4
Cau 29: Ham sb y = 7 d thi(C). Trén (C) co bao nhiéu diém c6 toa d¢ la
X+
nhitng s6 nguyén duong 7 7 _’
A. 2 diém B. 3 diém C. 4 diém D. 5 diém

Cau 30: Tir d6 thi (C) cia ham s y=X°—3X+2. Xéc dinh m dé phuong trinh

X2 —3X +1=mc6 3 nghiém thuc phan biét

A l<m<?2 B.-l<m<7 C.0<m<4 D.0<m<4
Cau 31: Tiép tuyén cua dd thi ham sé y:il tai diém c6 hoanh do xo = - 1 ¢6 phuong trinh
X_
la:
Chon 1 cau dang
A y=-x-3 B.y=x-1 Cy=x+2 D.y=-x+2

Cau 32: P) thi sau day 1a cua ham s y =—x® +3x* —4. Véi gi4 tri nao cia m thi phuong
trinh
x® —3x* + m = 0cd hai nghiém phan biét. Chon 1 cau dung.

-4

A m=-4vm=0 B.m=-4vm=4 C.m=4vm=0 D. Mot két qua khac
Cau 33: Cho ham s6 y =x* —2x? +4. Tim m dé phuong trinh: x*(x* =2)+3=m ¢6 hai
nghiém phan biét? Chon 1 cau dung.

A.m>3vm=2 B.m>3vm<2 C. m<2 D. m<3

Cau 34: Cho (C) 1a dd thj ham s y = X2 —6X2 +9X—1. Tim m dé parabol ¢ phuong
3 .
trinhy = 1 X2 +4—m? tiep xdc véi (C)

A . m=0 B. m=-1 C.m=2 D.m=1
Cau 35: D6 thi sau day 1a ctia ham s y = —x* + 4x?. V4i gia tri ndo ciia m thi phuong trinh
x* —4x% + m—2=0c6 bn nghiém phan biét. ? Chon 1 cau ding.
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V2

A 0<m<4 B.O<m<6  C.2<m<6 D.0<m<4
Cau 36: Cho duong cong y = x° +3x? +3x+1 ¢6 dd thi (C). Phuong trinh tiép tuyén cua (C)
tai giao diém cua (C) vdi truc tung 1a: Chon 1 cau dung

A y=8x+1 B. y=3x+1 C. y=-8x+1 D. y=3x-1
Cau 37: Cho ham sé y = x* —8x. S6 giao diém cua do thi ham sb véi truc hoanh 1a: Chon 1
cau dung

A.0 B. 2 C.3 D.1

Cau 38: Ham s6 Y = X° — 6X? +9X ¢6 db thi(C) va duong thing (dp,,):y=mx .(C) va
(dm) cit nhau tai 3 diém phan biét thi

A m=9 B.m<0 C. m>0;m=9 D.m>0
Cau 39: Cho do thi ham s6 y=x*—2x?+2x co.dothi (C).Goi x,x, la hoanh do céc
diém M, N trén ( C), ma tai do tiép tuyén cua ( C ) vubng goc véi duong thangy = - x +
2007. Khi do6 x, +x, bang

S6 tiép tuyén di qua diém A (1 ; - 6) cia do thi ham s6 y=x®-3x+1 la:

Al B.0 C.2 D. 3

. o ) 2x-1 _ . ez . .
Cau 40: Cho (C) la o thi ham so Yy = ﬁ Goi I 1a giao diém cua hai duong tiém can
cua (C) Tim cac diém M thudc (C) sao cho tiép tuyén cua (C)tai M vudng goc véi
duong thang 1M

A. M (2;3) B. Khong c6 diém M nao

c. M(0;1) D. M1(2;3);M,(0;1)
CAu 41: Cac do thi ctia hai ham sé y =3—§ va y=4x" tiép xtic véi nhau tai diém M co
hoanh do6 1a.

A x=-1 B.x =1 C.x=2 D.x=1/2

Cau 42: Goi M va N 1a giao diém cua dudng cong y = x +26 va duong thang y = x + 2 . Khi

d6 hoanh d6 trung diém | cia doan MN bang: Chon 1 cau dung

A. Z B.3 C. - z D.7
2 2
Cau 43: Tiép tuyén cta parabol y=4—x2 tai diém (13) tao v6i hai truc toa do mot tam giac

vuong. Dién tich tam gidc vuong do 1a
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5 2
2 B. 2 C.
mx=+X+m

25

A D. 4

NN ot

CAu 44: Gia tri cuia m dé do thi (C) cia ham sb y = cit truc hoanh tai hai diém

phan biét c6 hoanh d6 duong la:
A.m<_—1;m>1 B._—1<m<0 C._—1<m<1 D.O<m<l
2 2 2 2 2

Cau 45: Tiép tuyén tai diém cyc tiéu cia ham s6 y = %x3 —2x% +3x—5. Chon 1 cau ding

A. Song song vei duong thang x = 1. B. Song song vi truc hoanh
C. Co hé so goc duong , , D. C6 hé s6 goc bang — 1 )
Cau 46: Hoanh d6 tiép diém cua tiép tuyen song song vai truc hoanh caa do thi ham so
y= x°—3x+2 bang: Chon I cau diing
A -1 B. 1 C. A va B déu diing D. Dap s6 khac

Dang 2: Bai toan lién quan dén tiém can PTHS
2
. . X“+3X+2 . . .
Cau 1: Cho (C) 12 @6 thi ham s6 y = 1 Tim cac diém trén (C) ma tiep tuyen
X —
tai d6 voi (C) vudng goc véi tiém can xién
A. (2;12) B. (0;0)

C. (1++3;5+38)va (1-43;5-38)  D.(-2:0)

\ . X+1 . .
Céau 2: Cho (C) 1a d6 thi ham so Yy = 35 Tim céc diém trén (C) sao cho tong khoang
X L
cach tir diém d6 dén 2 tiém can l1a nho nhat

A (11) B. (1+ J3:1+ \/5)
C. (1—J§;1—J§) D. (2+J§;1+ Jé)va (2—J§;1—J§)

Cau 3: Cho ham sé y = 2X

_23 ¢6 d6 thi (C). Tim trén (C) nhitng diém M sao cho tiép tuyén

tai M cua (C) cat hai tiém cén cta (C) tai A, B sao cho AB ngin nhét.

R (0; gj,(l; -1) o (—1; gj;(?x 3)

2 (1 9./
c (33).@Y N (4,5),(3,3)

X+1

Cau4: Hamsb y = ¢6 d thi(C). Tim cac diém trén (C) c6 téng khoang céch cia

2 tiém can dén (C) bén; 4
A. (25),(0;-1),(4:3).(-21) B.
C. (43).(-21) D. (25),(4:3)
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Cau 5: S6 duong tiém can cia do thi hamsd y = 3;( +411
X —
A.3 B.2 C.1 D.4
A AL N 2X+1 _x s x Ke o, v 4R
Céau 6: Chohamso y = . Do thi ham so ¢6 tam doi xung 1a diém
A (1:2) B. (2 1) C. (L;-1) D. (-1; 1)
Cau 7: Choham sy = ot S6 tiém can caa d6 thi ham sé bang
X_

A.0 B.1 C.2 D.3
Cau 8: P6 thi ham sé y = X=2

2x+1

A. Nhan diém (—% : %} 1a tam d6i xtng

B. Nhan diém (-%;2) lam tam ddi xung
C. Khéng c6 tam dbi xting
D. Nhan diém G%) lam tam ddi xing

X2 =5Xx+6

Céau 9: Cho duong cong (C): y= AR Tim phuong an dung:

A. (C) chi cé tiém can dang B. (C) c6 tiém can xién

C. (C) cé hai tiém can D. (C) c6 batiém can

Cau 10: Dé d6 thi hamsé y = % c6 tiém can xién thi m phai thoa man:
A. m=1t2 B.m=0 C. m=#+l D. m#+4

Cau 11: B thi ham s6 y =x* — x> +1 c6 bao nhiéu tiém can:

A0 B.1 C.3 D.2
2
Cau 12: P thi ham s6 y :x2+—x+1 c6 bao nhiéu tiém can:
—5X" —2X+3
Al B.3 C.4 D.?2

Cau 13: Cho dudng cong y = @ (C) va 3 diém A, B, C nam trén (C) c6 hoanh do twong
X —

ung 1a 1,35; - 0,28; 3,12. Gia su d1, d2, d3 twong tng la tich cac khoang céch tir A, B, C dén
hai tiém can cua (C). Lya chon dap an dung.

A.d2=3 B.di=4

C. Ca ba phuong an kia déu sai D.d3=5
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Cau 14: Chohamsb y = X+§ c6 dd thi (C ) c6 hai diém phan biét P, Q tong khoang céch tur
X —_

P hoic Q t6i hai tiém can 1a nho nhat. Khi d6 PQ? bang:

A. 32 B. 50 C.16 D. 18
X —x+1

Cau 15: Choham sb y = ¢6 db thi (C). Puong thang y =m cit (C) tai P, Q thi

trung diém E cua doan thiang PQ thudc dudng thang:

A y=x+1 B. y=2x+1 C.y=x-1 D. y=2x-1
Cau 16: Ham sb nao c6 do thi nhan duong thang x = 2 1am duong tiém can:
1 1 2 HX
A y=x-24—— B.y=——0 C.y=_2_ Dy X
y X+1 y X+1 y X+2 y 2—X

Cau 17: Cho ham sé y =5x+3+x* —4x+5 . D) thi ham sb c6 tiém can xién bén trai 1a;

A. y=5x+8 B. y=4x+8 C. y=4x+5 D. y=4x

Cau 18: Phuong trinh cac dudng tiém can cia do thi ham sb :))((—j la;
Ay=1lvax=-2 B.y=x+2vax=1 C.y=1vax=1 D.y=-2vax=1
Cau 19: Sb duong tiém can caa do thi ham sb y :;—z la:

Al B.2 C.3 D.0

CHUYEN DE 2. HAM SO LUY THUA, HAM SO MU VA
HAM SO LOGARIT

Dang 1: Bai tap cac phép bién déi liiy thira, ham mii va logarit
A. Liiy Thira
Cau 1: Rat gon cac biéu thuc sau:

242+ @2 (F)

| Z2l5ls 0
a -3.1nN-2 0
10 510 7 (02 1
I\ 52,257 + (0,7)°.5)
1 1
) (3) P27+ (02) 425 2 B 6 +y O+ ip)
a+b" a' b" Lox! oatext

1 - o a
" b an+b " f)z(x.al—a.x 1)'arl+x*1 Taloxt
Cau 2: Tinh céc biéu thuc sau:

a) W/ﬁ:ﬁ b) 3\/4%/% c)yayavava :a%é
d)3a/a’a :a% e) 4x23/x &/x f) s Eg\/%

a
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63+\/§

n i £\/£+ﬁ—(ﬁ—ﬁ);]((ﬁ+ﬁ); . ﬁ—ﬁj_

2 245 31+\/§

Cau 3: Cho hai sé a ,b > 0.Tinh cac biéu thuc sau:

a) (2a_g+3a%)2 b) (a 5 +as)(a ® +ag)(ag —a %)
¢) (Va-4a+)(a+¥a+1)(a-a+l) d) a1+a 2+(1 a)d-a 2)
1++a
0 a’(a® +a?) H 3\/_+b3\/—
el b
a‘(a*+a*)
9) Ra+3¥b)@® +b —¥ab) h) (a2 +b3):[2+3\/%+3\@
. la*+a’b+ab®+a* 3b(a? —b?) _%_ B
'){ T —b)} H(@+h)
L) It (b +0) b2 +c2— a
i) k)%(l T Y@ty
(a2 b2) +2+/ab

CAu 4: Cho biét 4+ 4 * = 23, hay tinh 2* + 2%
Cau 5: Rat gon cac biéu thirc sau:

b 2ab Z4p? 2@t+b™ i
a)(@+b- a+b)(a+b b—a a b2) b)[fi(a:b)2+ (?a++b)3 )j:(ab)

RV PRENNEIE a1 2\/5 d)[ a2 _zﬁ] 2

+ 4 -1
) Gy @D o) T et e

e i) o522 o=

4 = 21— ,-1
(1—82)71 a2 1432 1+a) a

1 1 (b+)’), 1 \F b
" (a+a\/5+a—a\/5 1-b? ](1 bj ) (1 : a a] (a

Cau 6: Rut gon céc biéu thirc sau:

e)

N~

|

O
N |-
N—
N}

e Xyt —yx?

a) A = (43 —103 + 253)(23 +53) byB= =X

X2 —y?
3 3 3 3 3 3 R 17?
c)C:(aA_b:)(a4l+b4)_\/£ d)D = Xj_ai+(ax)5 X2 —a?
2 _p2 X2 _a2 X-a
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a-b az—pz| * ! 4a-9at a—4+3a?
OE= |57 ¢ [@-bY) HF=1— T —
a*+a2b* a*+b* 22?2 —3a 2 az—a 2
§ E 1 1 1 1
2 2 - = = =
g)G=|2 b & lb - :[azbz(a“rbz)l}
a-b 2,.p2 32 _b2
I EO O e - R
_ | 2a+b?a? a2 —ph? a-b
hyH= 3a ' 111 1
a—-a2?b? a?+b?

i)1=a°

a+ Vb

(x/_+‘{/_)+(‘{/_ ‘{/_)}m

2 -3

(b3 —a3)’-2a’ -b’
2 2

a2+ (b® -a®)® +2b?

k) K=2(a+ b)l.(ab)é.llJr%(\/%\/gJ ] véiab>0

Cau7:Cho2sd a= y4+410+2J5 va b=+4—10+2+5.Tinh a+b

. 2an/x? - 1 1
Céu 8: RUt gon bieu thic A = 2 X2 véi x=5 | |3+ b a<0b<0
X +1/x2 -1 2{\b Va

Cau 9: Cho 1< x < 2. Chirng minh rang: \/x+2\/x—1 +\/x—2\/x—1 =2

)N :—\/(a +3a*h® +3a%h* +b° )3

2 2 2
Cau 10: Cho ba sé duong thoa a+b=c. Ching minhring: a3 +b3 >c?
Cau 11: Cho a,b,c 1a d6 dai cac canh cua mot tam giac, chang minh rang néu ¢ 1a canh 16n
nhét thi:
3 3 3
a*+b*>c*
Cau 12: Cho a ,b > 0 va m ,n 14 hai s6 nguyén duong thoa m >n . Ching minh rang :
1 1
(@™ +b™)m <@" +b")"

X

Céau 13: Cho f(x) = 25+ 2

a) Chitng minh ring néu a+b=1 thi f(a)+f(b)=1

2003 2004

Cau 14: Tim mién xé4c dinh caa cac ham sé sau:

10
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Q) y=(x*—4x+3)? b) y = (x* - 3x? + 2x)1
C) y= (X2 +X— 6)— 1/3 d) y= (X3 _ 8)7:/3

Cau 15: So sanh cac cap so sau:
V2 V3 J10/4 J5/2
T (T 3 . (4
b)|—| va|= c) | = va | —
2 5 5 7
(5

J5/2 J10/3
T N Y
a) | — va | —
5 =
V3 V2
o) (3)
7 8
B. LOGARIT
Cau 1: Tinh
a) log, 4316 b) log, 273/3 c) log ,8/32  d)log,Yava e)logs(log:8)

3

Céu 2: Tinh
a) 2'0983 b) 49Iog72 C) 253|09510 d) 642|ng7 e) 42+|ng3 f)103|09108
1 1 1Iog 4
\/ logg 5 | 7 1 27
0)((0,25)%'°%> h) V25°%> 4 49"% h) 9
1065 1 log - b 2
Cau 3: Chtrng minh rang | — -— vaa " =b
gminh ring [ ] - 1
Cau 4: Rt gon cac biéu thic sau:
a) log 3.log, 36 b) log ;8.log, 81 c) log, \E.Iog%i@
1 — (logab)®
d) (10gab) e) Igtgl® + Igtg2°+ ...+ 1gtg89°

(logeb + logea + 1)l0ga(},)

f) 2Iogl6—%logl400+3log1§/4_5

3 3 3

Cau 5: Chologz23=a;log5=b.
Tinh cac s sau Iogzx/?% 10923/135 , 1092180, 10g337,5, logs\/1875 , logis24 , log ;30
Cau 6: a) Cho logs3 = a,tinh logzs15 b) Cho loge6 = a , tinh log1s32

Céau 7: Cholg2 =a, log27 = b,tinh 1g56

Cau 8: Cho logel5 = a,log1218 = b , tinh logzs24
Cau 9: Cho logzs7 = a ,l0g25 = b hay tinh log,; %

Cau 10. Chang minh ring 100186 + 10926 = 210g186.10926
Céau 11: a) Cho lgs = a ,lg3 = b tinh logz08
b) Cho logs15 = a,log:218 = b tinh bidu thic A = logzs24

11
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¢) Cho logas147 = a 1092175 = b , tinh biéu thirc A = l0gag75
Céau 12: Cho log275=a, logs7 = b, log23 = ¢ .Tinh loge35 theo a,b,c
Céau 13: Cho log23 =a, logs5 = b, log72 = ¢ .Tinh log14063 theo a,b,c

Cau 14: Cho a® +b?>=7ab a>0, b >0, chirng minh rang : Ig(a;—b) = % (lga+Igb)
Cau 15: Cho @ + 4b? = 12ab a >0, b > 0, chang minh rang:

lg(a + 2b) — 2Ig2 = % (lga+Igb)
Cau 16: a) Cho x? + 4y? = 12xy x>0,y > 0, ching minh rang

lg(x +2y) —2lg2 = % (Igx + lgy)

b) Cho a,b > 0 thoa man 4a? + 9b? = 4ab va s ¢ > 0, 1,ching minh rang :
2a+3b _logea + logch

¢ 4 B 2

Cau 17: Cho log1218 = a, logz454 = b ,chitng minh rang ab + 5(a—b) =1

log

- b
Cau 18: Cho logaha = 2 , tinh biéu thirc A = Iogab%

log.b _ | log.a |09aC _
=b b) Joguc = 1+ 108:b

logad.logsd.logcd

l0gancd
logaN — logsN  logaN
logoN — logcN ~ logcN
1 1 1

Cau 21: Cho y =10 | z=10""" . Chang minhring: x =10
Cau 22: So sénh cac cap so sau:

Cau 19: Chirng minh rang : a) a

c) logad.lognd + lognd.logced + logcd.logad =

Cau 20: Cho a,b,c,N > 0,% 1 thoa man: b? = ac . Chang minh rang :

a) logs3 va logs6 b) log, 5 va log, 3 c) logs4 va logs5
2 5
d) log231 va logs27 e) logs9 va logsll f) log710 va logs12
g) logs6 va loge7 h) logn(n + 1) va logn+1(n +2)
Céau 23:Tim diéu kién xac dinh cua cac biéu thuc sau:
+ 2
ay = logs ] b) y = Ig< + 196 + 2

¢)y =+/lg(x — 1) +lg(x + 1)
Cau 24: Cho a> 1. Chiang minh rang : loga(a + 1) > loga +1(a + 2).
Tur d6 suy ra: 1091719 > logie 20

Dang 2: Giai phwong trinh mi, logarit
A. Ly thuyét
1. Cac phuwong phap giai thwong sir dung cho phwong trinh mii
= Phwong phap 1: Bién d6i phuong trinh vé dang co ban : a¥ = aV

12
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= Phwong phap 2: it an phy chuyén vé phuong trinh dai s6

=  Phuwong phap 3: Bién d6i phuong trinh vé dang tich s6 A.B=0 ..

=  Phuwong phap 4: Nhim nghiém va sir dung tinh don diéu dé ching minh nghiém duy
nhat (thuong 1a sir dung cong cu dao ham).

2. Cac phwong phap giai thwong sir dung cho phwong trinh logarit

= Phwong phap 1: Bién d6i phuong trinh vé dang co ban : log, M =log, N

= Phuwong phap 2: it an phu chuyén vé phuong trinh dai s6.

= Phuwong phap 3: Bién d6i phuong trinh vé dang tich s6 A.B=0 ..

= Phwong phap 4: Nham nghiém va sir dung tinh don diéu dé chimg minh nghiém duy
nhét. (thuong 1a sir dung cdng cu dao ham)

B. Baitap ap dung

Bai 1: Gidi cdc phwong trinh mii

Bdi 2: GiGi cdc phwong trinh logarit:

1/. logs x+log, 9=3 2/. log, (2X —1).Iog4 (2X+1—2) =1
2 _ _
3/. log; x—3.log, x+2=0 4/. logzy (9%)+logy (3x)=1
3
5/. x.logs 3+ logs (3X - 2) = log: (3X+1 —4) 6/. 409X | (10932 _g
7/. logs (x2 —~ x—5) =log;(2x+5) 8/. Iogg X+(x—12)logg x+11-x =0
2
9/. 3Iog3 Xy xlog3x =6 10/. log, Ix+4 = log, (2+x/x—4)

11/. \/ﬂlogg x—3.log, x+2 =log, x2 -2

12/. log, x.log; x+ X.log; x+3 =log, x+3log3 X+ X

13/. 3.logs (x+2)=2.log, (x+1) 14, x10934 _ 42 5l093X _ 7 10052

1
15/. Iogg (4x)— IogE(ZX) =5 16/. log; (log,7 )+ l0g,7 (logs X) =
17/. JIogS X+2 =4-log; x 18/. log, x.logs x+3=3.log3 X+ log, x

19/. 2.Iog£21 X =log, x.10g, (x/x—7 +1)

20/. log, (2X - 2)+ logs (ZX +1) = logs (2X+2 —6)

13



Tuyén tap céc bai tap - Toan 12 Date: / /

2

21/. log? X? +log, (8x2) =8 22/. 6.9'°92% | g x2 —13 x10926
23/. log3 x+log, x.log, (x—1)+2=3.log, x+2.log, (x 1)
24/. 3'092% | 10923 _1g 25/. x.log5 x—2(x+1).log, Xx+4=0

Bai 2: Tim m dé phuong trinh |Og\/§ (X—2) =log, (mx) c6 1 nghiém duy nhat.
Bai 3: Tim m dé phuong trinh |Og§ x—log, x°+3=m c6 nghiém xe [1; 8].
Bai 4: Tim m dé phuong trinh log, (4X —m) = X+1 cé ding 2 nghiém phan biét.

Bai 5: Tim m dé phuong trinh Iog% X—(m+2).10g3 X+3m—1=0 c6 2 nghiém x4, X, sao cho x1.x, =
27.

Bai 2: Gidi cac hé phuong trinh logarit

. X+y=6 2 Iogz(x2+y2+6)=4 3 logy y+log, x =2
" |log, x+log, y =3 ' Cx+y=6

logz x+logz y =1

y X+y=6 5/ x> —y?=3 ; {x+|og2y=4
. Iogzx+log2y=2|0923 " |logs (x+y)—logs(x—y)=1  [2x—log,y=2

2/ Iog3x+2|ogzy =3 - x1092Y | 1002X _ 1 . log, (2x+y—-2)=2
. xY =9 . log, x—log, y =2 ' Iogy(2y+x—2):2
I =4
0/ 3.x1092Y 4 5 y1092X _ 19 » {xy=32 ) 0g, (xy)
: , ' <
log, x* +log, y =2 logy x=4 log, [;jzz

Dang 3: Giai cac bt phwong trinh mii, logarit
Bai 1: Giai c4c bat phuong trinh sau

1
1) 5 <25%  2) 5% %225%  3) 5 -3>2(57-37)  4) 37 <FT>

5) 205 <7.22 35" 6) 6437 6720 7)(¥2) —(«/3+\/§ —1) >0

14
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5 5\/§+1
8) (3, 24)2»\&—5 > (§j 9) 62X+4 _33X.2X+8 > O

Bai 2: Giai c4c bat phuong trinh sau

1) 904372518 2) 92 13083031 3y 7 _g7ving g) 2f g
3x X 2 2 2

5) 5.2 <7410 —2.5°  6) (ﬁ) +(2J§) >2.4%  7) 22003 g Sl 5 gao6ni3

3 1 1 2
8 <2 9 < 10) V9* -3 >3 -9
) 2" -3 ) F+5 FH_1 )
Bai 3: Giai cac bit phuong trinh sau
L
1) 2° —x*.2* <16-2%° 2) 2.3°+9.4* >12* +18 3) 3<T7¥+2
4) 47-1 <1 5) 42—_)(_1 <0
x—1 2" -3

Bai 4: Giai c4c bat phuong trinh sau
1) log, (* +2x-1) <1 2) log,,(X* +x+2)>log,,(x+3)  3) logg(x* —4x+3) <1

3

2
4) log,(2-x) <log, (x+1)  5) log, V4—3x <log, \2—x*  6) logl(logg X —2x]<0

3 2 2 2 X—3

7) Iogl(xz—6x+18)+2|ogs(x—4)<0 8) Iogz(logl(Z—x)J<2 9) Iogl(\/1+x—x)<2

5 3 2

10) log, (x* —6)+log, X* >0 11) log;(2-x) s% 12) 2log, (x—1) >1+log,(5—X)

3

13) log, (9" +7)—-2<lo0g,(3* +1) 14) log,(x* —7x+12)° <%Iogﬁ(x—2)+logz|x—4|—l

15) log, (x+1) <log,(2—x)  16) 10—x% <59* <50-x"*  17) log, x2+2.logX2%<—1

18) log, (16" —2.12) <2x+1  19) log, (log,(4* ~12))<1  20) log, (log,(9* -6))>1

Bai 5: Giai cac bat phuong trinh sau

1) 1g(10x)log, x < 2log, 10 2) 2log, x—log, 27 <5 3) Iog1 X+ f1—4logi X <1
2

2

4) log?\/5-log, 5J5+1,25<0 5) log, (3" ~1).log,(3"* ~9) >3 6) \flog, x +2,flog, 2 >3

Bai 6: Giai cac bat phuong trinh sau

_ _ 2
1) X—SZO 2) x-1 <0 3) le
log,(x—2) log,(9—-3")-3 Ig 2x
1 1 2+1log, x 6
4) < 5) <
log;(Xx—2)  2log, \/x* +6x+9 x-1  2x-1

15
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CHUYEN DE 3. NGUYEN HAM

A. Ly thuyét

u 1a ham so theo bién x,
tac la u=u(x)

*Truwong hop dic bigt u=ax+b,a=0

*Nguyén ham ciia cac ham so don gian

jdx=x+C jdu:u+C
J'k.dx:k.x+C,k|a J'k.du=k.u+C
hang sb
a+1 a+1 a+l
jx“dx_ +C J'u“du— +C | [(ax+b)%.dx== L@x+b)" = ¢
a+l a+1 a a+1
jxdx n|x|+C j du=Inju[+C j(ax+b)dx an|ax+b|+C
j > dx=-2+C j—dx_—1+c
2 X u
1 1
J'—dx 2J/x+C j du=2JJ+c j du==.2Jax+b+C
Jax+b a
*Nguyen ham ciia ham s6 mii
[eXdx=eX+C [eldu=e"+c Ieax+bdX:leax+b+C
a
je_xdx -—eX4C _[e_udu -eY,c
X MX+n
jaxdx_—+c O<a=l ja”du——+C jamx+ndx:£.a +C,m=0
Ina m Ina

*Nguyén ham ciia ham sé lwong giac

jcos x.dx =sinXx+C

jcosu.du —sinu+C

[ cos(ax+b)dx = gsin(ax+b) +C

jsin X.dx =—cosx+C

jsin u.du=—cosu+C

[sin(ax+b)dx = —%cos(ax+b) +C

| ,—dx=tanx+C | >—du=tanu+C .[Z;dx:ltan(ax+b)+c
COS“ X Cos“ u cos“(ax+b) a
| 12 dx=—cotx+C | | 12 du =—cotu+C Z;dx=—£cotg(ax+b)+t
sin“ x sincu sin“(ax+b) a

M@t sé vi du trong truong hop dic biét

*Truong hop dic biét U=ax+Db

Vidu

jcos kx.dx =%sin kx +C

[ cos 2x.dx =%sin 2x+C, (k =2)

jsin kx.dx = —%cos kx+C

jsin 2x.dxX = —%cos 2x+C

)

16
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jekxdx:%ekx +C

Iezxdx - %ezx +C

+l 2+1
j(aerb)Of dx=1 M+C I(2x+1)2.dx=1.(zx;l+c :l.(2x+1)3+C
' a  a+l 2 2+1 6
1 1 1 1
dx==Injax+b|+C dx==In|3x-1+C
J(ax+b) a | | I3x—1 3 [Sx=4
1 1 1 1 2
du==.2Jax+b+C — du==.2y3x+5+C==3x+5+C
J. ax+b a Ia\/3x+5 3 3
jeax+bdx= loax+b je2X+1dx: 12x+ ¢
a
mx+n 2x+1
J‘amXJrndu:l.a +C,m=0 I52X+1dX:£5 e
m Ina 2 In5

[ cos(ax+b)dx = %sin(ax+b) +C

[cos(2x+1)dx = %sin(Zx +1)+C

jsin(ax+b)dx=—§cos(ax+b)+c

[sin(3x—Dx = —%cos(Sx _1)+C

Z;dx:ltan(ax+b)+c Z;dx:ltan(2x+l)+c
cos (ax +b) a cos“ (2x +1) 2
.[Z;dx:—lcot(ax+b)+c I%dx:—lcot(3x+l)+c
sin(ax+b) a sin“(3x+1) 3

*Ch( y: Nhitng cong thic trén ¢ thé chitng minh bang céach lay ¢ao ham vé tréi hoic tinh bang
phuong phap d6i bién sé dat U=ax+b=du=.?.dx=dx=.?.du

Vi du: Ching minh [ cos(ax-+b)dx = %sin(ax+b) 1Ca%0

Giai: bit u=ax+b=du =(ax+b)'dx=a.dx:>dx=1.du

Suy ra [cos(ax+b)dx = [cos u%.du

a

:chosu.du :l.sin u+C :lsin(ax+b)+C
a a a

Dang 1. Tim nguyén ham bang dinh nghia va cac tinh chat

A/ Tim nguyén ham ciaa cac ham sb.

Bai 1: Sur dung bang nguyén ham va tinh chét

a)f(x)=2x9-%

10
kq: F(x):%—%x+c

17
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X x2
b) f (x) =3% +x+1 ka: F(x)_—3+7+x+C
c)f(x):§+3 kg: F(x)=2In|x|+3x+C
d) f(x)=2sinx kg: F(x)=-2cosx+C
)1 () =2 kq: F(x):%sinx+C
Bai 2: Tim nguyén ham cua cac ham sé
3 2
a) f(x):x2—3x+i DPS. F(x )—X——3L+In|x|+C
X 3 2
4 3
by fix)= 25 +3 ps. Fx)= 2 _3.¢
X2 3 X
-1 1
c) f(x)- — bS. F(x) = In|x|+=+C
x2 X
2 N2 3
d) f(x) = % PS. F(x) = %—2x+%+c
3 4 5
2 3 4
&) f(x)= X +9x + ¥x DS. F(x)= 22 +3);, +4); +C
2 3.2
f) f(x)= PS. Fx)= 2JX—3Yx2 +C
N
2
0) f(x):(\/;T_l) DPS. F(x)= x—4ﬁ+|n|x|+C
1 5 2
h) f(x) = = PS. F(x)= x3-x3 +C
Ix
5, ny2 x6 3
Df(X)=x"+3x“-4 kg : F(x)——+x —4x+C
3
j)f(x)=X7+5x2+2x+1 kg : F(x)=%x4+gx3+x2+x+c
k)f(x):—§x6+3x5+3x2—2 kaq: F(x)=- 21x7+;x6+x3 2x+C
I)f(x):(2x+3x_2)(x2—%)+3x_3 kq: F(x):%x4+x+c

Bai 3: Tim nguyén ham cua cac ham sb

18
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a)[ (x—2)(x+4)dx
b)[ (x2 —3)(x+1)dx
¢)[3(x—3)2dx

2
X< —=5x
o)]] dx

3 2
h)IZX ix 1dX

3 2
2x° —-bxc -1
Q)] =—5—dx
X

2
h)f(x+2)

2
|)j(x+4)

Bai 4: Tim nguyén ham cua cac ham sé
3 1

a)[ (x4 +x 2 -5)dx

b)| (x_3 _2x 2 4 4x +1)dx

O) X (X~ 2X)(x-+1)dx

d)[ (2x +1)(1—%)dx
Bai 5: Tim nguy@n ham cua cac ham sb

a)[ (2.3% +4%)dx
b)[(2.aX +5%)dx

¢)[(3¢X +5sin x-l)dx

d)jex(2+ )dx

COS X

kq: F(x)=%x3+x2—8x+C

kq: F(x)—%x3+;x2 §x2—3x+C

kg: F(x) = x3-9x2 4+ 27x+C

kq: F(x)=£x2—5x+C

2 5
ka: F(=2x°-2x°

—In|x|+C

kq: F(x):x2—5x+%+c

kq: F(x) =%x2 +4x+4In|x+C

kq: F(x):x+8ln|x|—E+C
X

4 7 1
kq: F(x):7x4 +2x2 —5x+C

kq:F(x)=—%+z+2x2+x+C

2xs X

3

X 1
kg: F(X)=—+2x-=+C
: F () =2+ 2x—=

kq: F(x):xz—ln|x|—x+C

2.3%  4X

ko: F(X)=2"_+2_4C
GFO)=J 3+ st
2a 5X
kg: F(x)=22 42
g: F(x) +|n5+C

ka: F(x) =3eX —5cosx—In|x+C

kq: F(x)=2eX+tanx+C
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e)[2%.3% dx
£)]2X 32X 5% dx

g)fe*(2-e7%)
eX
h)jz—xdx

Bai 6: Tinh nguyén ham cua cac ham sé

.2 X
a)[sin“ =dx

)isin® 2
b)j(2x+sin2§)dx
c)jcoszgdx

d)f (2x2 + cos? g)dx

2 1-cos2x

e)[ @+ tan? x)dx
d)f L+ cot? x)dx
e)jtan2 xdx
f)J.cot2 xdx

HD:1+tan2x:

1
cos? x
g)/ (tan x — cot x)zdx

h)[ (2tan x + cot x)2 dx

HD:(a+b)2 = a2 + 2ab+b?

1
h)[ —s——=—dx
sin2 x.coszx

h)j COS2X dx

sin2 x.coszx

HD:sin2 2

Bai 7: Tim ham sé f(x) biét ring

1+cot“ x=

X +C0S“X =1;c082X = COS

6X
ka: F(x)=—=+C
& F)=13+
90%
ka: F(x)=——=+C
G F)={1g0 "
kq: 26X —x+C

eX

kg ———+C
f (1—|n2)2X+

kq: F(x)=%(x—sin X)+C

kg: F(x) :%(x+sin X)+C

HD: sin“x= > ’C032x_1+c032x

kg: F(x)=tanx+C
kg: F(x)=-cotx+C
kg: F(x)=tanx—x+C

kg: F(x)=—cotx—x+C

sinzx
kg: F(x)=tanx—cotx—4x+C

kg: F(x)=4tan x—cotx—x+C

kg: F(x)=tanx—cotx+C

kg: F(x)=—-tanx—cotx+C

2 2

X—sin“< x
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a)f'(x)=2x+1 f(1)=5 kq:f(x):x2+x+3
3
b)f'(x)=2—x2;f(2)=g kq:f(x)=2x—%+1
1 x2 1 3
c)f'(x)= x——+2 f=2 Kg: f(X)=—+—+2x——
X 2 X 2
2
d) f(x) = 4x - x; () =0 kq:f(x):SX\/;—X?—ll—;
e)f'(x):4x3—3x2+2; f(-1)=3 kq:f(x):x4—x3+2x+3
a 4
F)F'(X) = X +x3+1 f (1) =2 kq:f(x):%x3 +X7+x
X3
g)f'(xX)=(x+)(x-1)+1; f(0)=1 kq: f(x):?+1
h) f'(x) = 3(x + 2)%; £ (0) =8 kq: £(x) = (x+2)°
Bai 8: Tim ham sb f(x) biét rang
2
a) f'(x) = ax+ — b f(-)=2f()=4 kg F(x) =2+ 142
X 2 X 2
3
b) f '(x )—15\/_ f=4,1(4)=9 kq:f(X):5 X +§
Dang 2. Tim nguyén ham theo céng thic bién ddi
a) Phwong phap doi bién sb.
Tinh 1= j f[u(x)].u’(x)dx bing cach dat t = u(x)
= Patt=u(x)= dt =u'(x)dx
N j flu()]u' (x)dx = j f (t)dt
BAI TAP
Bai 1: Tim nguyén ham caa cac ham so sau:
1. | (bx—1)dx 2. 3. |v/5—2xdx 4.
Jex- I(3 2X)° J J.«/Zx
5. I(2x2+1)7xdx 6. j(x3+5)4x2dx 7. I\/x2+1.xdx 8. I 2X X
X“+5

12. Jx.ex2+ldx

3x? dx In® X,
9, | —/———dx 10. | ————
I\/5+2x3 Ix/§(1+\/§)2 I
SlnX
COS X

16. J‘ tgxdx

13. |sin® xcosxdx  14.
I J. cos? x

dx 15. I cot gxdx
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dx dx eVx
17. | — 18. | —— 19. |tgxd 20. d
-[sinx J.cosx jgxx Iﬁ "
e*dx e dx
21. 22. d 23. 1-x*d 24.
o 2lan B dec 2 ms
dx x*dx dx
25. ZJy1-x*d 26. 27. 28. | —
IX X -|.1+x2 Iﬂ '[x2+x+1
29. [cos®xsin?xdx 30 [x/x-Lldx 3L | O [ x*V/x? +1.dx
e +1

2. Phwong phap 1dy nguyén ham tirng phan.

Néu u(x) , v(x) 1a hai ham sb c6 dao ham lién tuc trén |
Iu(x).v'(x)dx =u(x).v(x) —Iv(x).u'(x)dx
Hay
fudv =uv— [vdu (véi du=u(x)dx, dv=v’(x)dx)

Bai 2: Tim nguyén ham cia cac ham sé sau

1._[x.sinxdx 2. jxcosxdx 3. I(x2+5)sinxdx 4_[(x2+2x+3)cosxdx
5. Ixsiandx 6. Ixcostdx 7. Ix.exdx 8. _[Inxdx

9. [xInxdx 10. [In? xdx 1. | '”\/’gx 12. [e’dx

13. -[co:zxdx 14. Ixtgzxdx 15. Isin& dx 16. Iln(x2+1)dx

17. Iex.cosxdx 18. J'x3exzdx 19. len(1+x2)dx 20. IZXxdx

21. leg xdx 22. IZxIn(1+ X)dx 23. J.In(lj X) dx 24. _[xz cos 2xdx
X

CHUYEN PE 4. TICH PHAN
Dang 1: Tinh toan gia tri tich phén co ban
Bai 1: Tinh gia tri céc tich phan sau

1 J-l 25)(—13 dx %

Ox”—5x+6 COS X

1 2x I a3 dX
2. IO(ZX+1)e dx 25. ~ SIN~ X

1 dx 16
3. [ 5—— o

X2 +3x+2 26.  |e"sine”dx
4 jg (:osx+siT1xcosxdX 0

0 2 +sinx
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10.

11.

12.

13.

14,

15.

16.

17,

18.

19.

sin? x

e’ 7 .sin2xdx

O e V| N

1

_[0 x> (1- x> )3 dx
T

IOZ e * cosxdx

J'OE sin’ X cos xdx

e ~ xdx

Jo

j4 eﬁ
1 J;

T

jOE(1 +sin? x)2 sin2xdx

J~4 dX
I x(1++/x)
~In 8 ezde

JIn3
ve* +1

-7 dx

0V Jx+2+1
.\ﬁxsxﬁxz +1 dx

JO
7Ox0

dx

J%—XS dx
0 \/X3 +1

J-2 dx

g xV1+ x>
-[4 dx

7 xVxZ +9

35.

36.

217,

28.

29.

30.

31.

33.

34,

37,

38.

39.

40.

1

[ (x? +1).e%dx

0
2
X+ X2 + 3dx

X.sin xdx

o'—.k) [ENy 2

T

j( e“* +1).sin xdx

1 —X
IO xe “dx

_[Ol(x +1)e”dx

jﬁln X.dx

(2x+1).cos x.dx

O N | —

dx

5x2+2x+3

3
I
2
i 2X+3
2

dx
5x° +3x—8

Ax2—4x+7
Xx+1

dx
1
X +4x+7

2 X2 +3x+2

t2x2 +3x—1
X2 —x—2

dx

dx
0
4

j X dx
0

X—3
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4 xdx

0 J2x +1

—

20.

z
2
1+2sinx
- j e .COS Xdx
0
1
¢ X
dx
22. 'ol+\/§
[ dx
23 ) hex
|I’I\E dX
24, I X -X
. e’ +e

1

Ix3 —4X% +2X+7
) X+1

41.

Bai 2: Tinh gi& tri cac tich phan ham lugng giac sau

1. jcos 3X.C0s 2x.dx
0

sin X.sin 3x.dx

N
D[N Ot==—my

3. [ sin 2x.cos x.dx

NN OFY

4 |sin® x.cos® x.dx
0

o1

T
_ jsin3 X.c0s’ X.dx
0

»

T
| _[sin“ X.dx
0

oo
e L ]
()
o
@ | =
>

o

>

sin2x

CoS“ X+3

sin2x

—————dx
3—sin?x

10.

24sin?x :
11 |¢€ .Sin 2x.dx

Ot |y Ot—mn|y ONI|N O

5
1 cos’ x.dx

4
13, | €0s™ X.dX

Oty NN ey

dx
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~

O N [y
@
>
~| P
>

o
>

3
14.jcos x.dx

Bai 3: Tinh tich phan sit dung phwong phép dit an phu

1. |sin® xcos?xdx

WY N

cot gxdx

m\ﬁ'—.—b\ﬁ

1
9. jx*”x/xz +1dx
0

1
13. J.de
< 1+ %

17. | e cosxdx

BN oy

21. | e sin xdx

sin x
1+ 3cosx

25.

O N [N BN [y

28.

O O | N

1 X2
32. dx
}[x/x3 +1

36. |

1 X

2

40. J’Z;dx
> €0s”(1+1In x)

tsin(In x) dx

1+ 4sin xcosxdx

H
©
BN N

N
™
O ey
@D
B
+
N

2
J'sm xcos>xdx
z
3

e sin xdx

Xdx

tgxdx

o'—.h\:\

1
29. Ix»\/xz +1dx
0

1

33. fxsxll— x%dx
0

37 I\/1+3I;xlnxdx
1

sin x
1+ 3cosx

3. dx

O v | N

1
7. _[xx/x2+1dx
0

1
11. Ile— x%dx
0

tgxdx

o'—.hm

1
8. Ixxll— x%dx
0

1 1
30. Ixxil—xzdx 31. _[x3«/x2+1dx
0 0

3
23. I sin® xcos®xdx
%
T
27. Iotgxdx
5
2
34.] L
1 XV +1
e _2Inx+1l
38.je dx
1
1
42. | X dx
o V2X+1

35, Ia\/1+xln X dx
1

39, J»1+In X
xIn x

1
43. Ix«/x +1dx
0
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1 1 3 e
44. J';dx 45. J';dx 46. I—de 46. j“l””xdx
0 X+1+X 0\/x+1—ﬁ 1 X 1 X

e . e e . 2Inx+1
47 J-sm(lnx)dx 43, J\/1+3Inxlnxdx _J-e 50. I1+In X

T X 1 X T X xInx

Dang 2: Ung dung caa tich phan trong tinh dién tich, thé tich
I. Tinh dién tich mién phing

Bai 1: Tinh dién tich hinh phang gigi han boi cac duong sau

a) y=x>—2x-3,y=0,x=0,x=4 b) y=x}—4x,y=0,x=—-2,x=4
c) y=(x+2)e”,y=0,x=0,x=3 d) y:sinzx.cos3x,y=0,x=0,x:g
In x
e) y=—r—=,y=0,x=¢,x=1 f)y=x(x+1)(x-3),y=0
e (x+1)(x-3)
Bai 2: Tinh dién tich hinh phang gigi han bai cac duong sau
@;y:2ﬁl—x2¢y:2(b—x) b) y=x>—12x, y=x>
c) y=1- 1—x2,y:x2
2 2
)y )y x/ PR
f) y=—J4-x>, x> +3y=0 g) y=4-4y*y=1-x*
Bai 3: Tinh dién tich hinh phang gigi han boi cac duong sau
2
—2x+1 8
A) y=(e=1 y=" = b) y=x, y=2-x,y=0

3 3
®y=x2+5x—zy=h|

d) y=8-3x-2x2,y=2+49x—2x%,y=x+10

e)y:h2—4my=px—ﬂ+Lx:—Lx=2 ﬂyzh2—4x+3yz—x+3
2 x2 27 2 2
9) y=x",y="—,y=— h) y=2x", y=x"-4x—-4,y=8
27 X

i) y2 =2x, 2x+2y+1=0, y=0
) y=—x2+6x-5,y=—x>+4x-3, y=3x—15

k) y= ) y=la® -
Bai 4: Tinh dién tich hinh phang gigi han béi cac duong sau

,y=x+3

a) (C):y=x>+3x>+3x+1, tiép tuyén véi (C) tai A(0; 1).
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2x+1

b) (C):y=

oy = 0, tiép tuyén voi (C) tai A(-2; 1).

) (P):y=x>—4x+5 vahai tiép tuyén vdi (P) tai A(1;2) va B(4;5).

X2 +x—2

d) (C):y= — tryuc Ox va tiép tuyén caa (C ) vé tir O.

1. Tinh thé tich vat thé

Bai 1: Tinh thé tich vat thé tron xoay sinh ra bai hinh (H) gisi han béi cac dudng sau quay

quanh truc Ox:
a) y=cos2x,y=0,x=0,x=m1
2 2

b) 2~ 2 =1,y =0,tiép tuyén véi (H) tai A(2;-1)

16 4

C) y:\/sin6x+cos6x,yzO,sz,x:g

e) y=xlnx,y=0,x=1Lx=e
9) »* =(4-x),y? =4x

) 1
i) y=—-1y=0,y=2x
X

d) y= zzil,x:0,x:1

X
f) 2 +(y-2)° <1

h) y=—x?+4x, y=x+2

k) y:‘Zx—x2

,vy=0,x=3

Bai 2: Tinh thé tich vat thé tron xoay sinh ra bai hinh (H) gisi han bai cac dudng sau quay

quanh tryc Oy:

a) y:‘Zx—x2 ,vy=0,x=3

C) y=lnx,y=0,x=¢

b) y=(2x+1)%,y=3,x=0

d) x=y2+3,x:4y

Bai 3: Tinh thé tich vat thé tron xoay sinh ra boi hinh (H) gisi han boi cac dudng sau quay

quanh truc Ox

a) yzx—_l,yzl,x:l
X X

C) y:%,y:O,x:O,le
x +1

e) y =cosx ,y=0, x:O,ng

1 x

g) )’:XE-ea,yZO,x:Lx:Q
i) y=e*,y=0,x=0,x=1

) y=2x%y=x>

b) y:xz,y:4x2,y:4
d) y=x/;—1,y=0,x=4
f) y==\/cosx,(OSx£g)

h) y2 :x3,y:0,x:1

k) y=2\}2x—x2,y=4—2x

m) (x—2)> +(y=3)° =1

PHAN HINH HOC

CHUYEN PE 1. DIEN TICH - THE TICH KHOI PA DIEN
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Dang 1. Bai tap vé hinh chép, t& dién, ling tru

Bai 1: P4y cua mot hinh chép 1a mot tam giac vudng can cé canh goc vudng biang a. Mt bén
qua canh huyén vudng géc voi day moi mat bén con lai tao véi day mot goc 450.

a) Ching minh rang chan duong cao hinh chép tring véi trung diém canh huyén.

b) Tinh thé tich va dién tich toan phan cua hinh chép
Bai 2: Cho hinh lap phuong ABCD.A’B’C’D’. Goi O la cic giao diém cac duong chéo cua
day dudi ABCD, biét OA’ =a.

a) Tinh thé tich hinh chép A’.ABD, tir 6 suy ra khoang céch tir dinh A dén mp (A’BD)

b) Chirng minh ring AC’ vudng goc véi mp(A’BD).
Bai 3: Mot hinh lang tru ABC.A’B’C’ ¢6 day la tam giac déu canh a, canh bén BB’ = a, chan
duong vudng goc ha tir B’ xudng day ABC triing voi trung diém | cua canh AC.

a) Tinh gc giita canh bén va day. Tinh thé tich hinh ling tru

b) Chuang minh rang mat bén AA’C’C la hinh vuéng.
Bai 4: Cho hinh lang try dung ABC.A’B’C’ day la tam giac vudng tai B. Biét BB’=AB=h va
goc cua B’C lam vai mat day mot goc a.

a) Chung minh raing BCA B CB - = ' va tinh thé tich hinh lang truy trén.

b) Tinh dién tich thiét dién tao nén do mat phang (ACB’) cat hinh ling tru.
Bai 5: bay ABCD cua hinh chép S.ABCD la mét hinh vudng. Hai mat bén SAB va SAD
cling vudng goc véi mat phang day.

a) Ching minh rang cac mat bén caa hinh chdp 1a nhitng tam giac vuéng.

b) Tinh thé tich khdi tir dien SBCD, biét rang SA = AB = a.
Bai 6: Bay ABCD cua hinh chép S.ABCD la mot hinh vuéng canh a. Canh bén SA vuéng goc
V6i mit phang day va ciing c6 d6 dai bang a.

a) Chung minh ring SAC va SBC la nhitng tam giac vudng bang nhau. Tinh dién tich

tam giac SAC.
b) Tinh thé tich khéi tr dién SABD.
BAI TAP CHUYEN VE HINH CHOP PEU

Bai 7: Cho hinh chép ddu S.ABC c6 AB=a,SA=a+/3.

a) Tinh Vsasc.

b) Tinh khoang céch tir O dén mat phing (SBC).
Bai 8: Cho hinh chop déu S.ABC, c6 AB =a, goc giita SA véi mit day (SBC) bang 30°.

a) Tinh Vg g -

b) Tinh khoang céach gitra SA va BC.
Bai 9: Cho hinh chép déu S.ABC, c6 AB=a. Gdc giit (SBC) va (ABC) bing 30°. Tinh

VS.ABC '
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Bai 10: Cho hinh chép S.ABC c6 day la tam giac ABC déu canh a. Goi H 1a chan duong cao
cua tir dién ha tir dinh S va H cach déu cac dinh A, B, C. Khoang céch tir H dén (SBC) bang
a

2
a) Chang minh S.ABC la khéi chop déu.
b) Tinh Vsasc
Bai 12: Cho tu dién ABCD c6 canh CD = 2a, cac canh con lai bing av/2.
a) Chung minh AB L CD. Xac dinh duong vuéng goc chung cua AB va CD.
b) Tinh V,uep
¢) Nhan dang tam gi4c ACD va BCD. Tir d6 tim tdm ctia mat ciu ngoai tiép t giac
ABCD.
Bai 13: Cho hinh chép tu giac déu S.ABCD, c6 AB=a,SA=a+/3
a) Tinh Vg seco
b) Tinh khoang céch tir tam cua ABCD dén mat phing (SCD).
Bai 14: Cho hinh chdp tir giac déu S.ABCD, c6 AB =a, gdc giira SC v6i mit day bang 60°.
a) Tinh Vg seco
b) Tinh khoang gitta BD va SC.
Bai 15: Cho hinh chdp tt gidc déu S.ABCD, c6 SA=a+/3, goc giita (SCD) véi mit day bang
60°.
a) Tinh Vg aeco
b) Tinh khoang gitra SA va CD.
Bai 16: Cho hinh chop tu giac déu S.ABCD, c¢6 ABCD la hinh vudng tam O, khoang cach tir
O dén (SCD) bang a, goc giita (SCD) véi mat day bang 60°. Tinh V ,ecp -
Bai 17: Cho hinh chdp ti giac déu S.ABCD c6 canh day bang a, gc giita canh bén va mit
day bang 60° . Tinh tang caa goc giita hai mat phang (SAB) va (ABCD). Tinh Vs asco theo a.
Bai 18: Cho hinh chop déu S.ABCD c6 day ABCD la hinh vudng canh 2a, SA = a\E. Mot
mit phang (P) qua AB va vuéng goc véi (SCD) cat SC va SD tai C’ va D’.
a) Tinh Sascp
b) Tinh Vascop:c:
Bai 19: Cho hinh chdp S.ABCD c¢6 day la hinh chit nhat, AB=2a,BC =a. C&c canh bén
bdng nhau va ciing bing a«/2 .
a) Tinh Vsagcptheo a.

b) Goi M, N Ia trung diém caa AB va CD, K 1a diém trén canh AD sao cho AK = %.

Tinh khoang cach giira hai duong thang MN va SK theo a.
Bai 20: Cho tir dién déu S.ABC c6 canh bang a. Dung duong cao SH.
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a) Chung minh SAL BC.
b) Tinh thé tich khéi chdp va dién tich toan phan cua tu dién.
¢) Goi O la trung diém cua SH. Ching minh OA, OB, OC d6i mét vudng goc Voi
nhau.
Bai 21: Cho hinh chép S.ABCD c6 cac canh bén va canh day déu bang a.
a) Tinh thé tich caa khéi chdp.
b) Tinh khoang céch tir A &én mit phang (SCD).
Bai 22: Cho hinh chép tt giac déu S.ABCD c6 canh bén tao véi day mot goc 60° va canh day
bang a.
a) Tinh Vg ssep
b) Qua A dung mit phang (P) vudng goc vaéi SC. Tinh dién tich thiét dién cua hinh
chdp cét bai (P).
Bai 23: Cho hinh chép déu S.ABCD c6 khoang cach tir tam O cua ddy dén mat bén 1 a, goc
gitra mit bén va duong cao bang 30°.
a) Tinh thé tich khéi chép S.ABCD
b) Goi E, F lan luot 14 trung diém cua cac canh SB, SC. M 1a diém trén can SD sao
cho MS=2MD. Mit phang (MEF) cit SA tai N. Tinh thé tich khéi chop
S.EFMN.
Bai 24: Cho hinh chép tam giac déu S.ABC véi SA=2a, AB=a. Goi H I hinh chiéu vudng
g6c cua A 1én trén SC. Chiing minh SC L (ABH). Tinh thé tich khdi chdp S.ABH

BAI TAP CHUYEN VE LANG TRU PUNG

Bai 25: Cho lang try dung ABC.A’B’C’ ¢6 tam gidc ABC vudng can tai A, BC =2a, Mat
phing (A’BC) tao véi miat day (ABC) mot goc 60°.

a) Chang minh AB L (ACC'A)

b) Tinh thé tich khéi lang tru theo a.

¢) Tinh khoang cach tir A d¢én dén mp(A’BC).

d) Tinh tir AA’ dén mp(BCC’B’).
Bai 26: Cho lang tru déu ABC.A’B’C’ , goc giita mat phang (C’AB) véi (ABC) bang 30°,
khoang céch tir C dén mit phiang (ABB’A’) bang a. Tinh khoang cach tir C dén mp(C’AB)
va thé tich khéi lang try.
Bai 27: Cho lang try dung tam giac ABC A'B'C' c6 day ABC la tam giac vuong tai A vai AC
=a, ACB=60°, biét BC' hop véi (AA'C'C) mot goc 30°. Tinh AC' va thé tich lang tru.
Bai 28: Cho lang try tir gidc déu ABCD.A’B’C’D' ¢6 canh bén bang 4a va duong chéo 5a.
Tinh thé tich khéi lang tru nay.
Bai 29: Cho hinh lang try déu ABCD.A’B’C’D’, goc giita (B’AC) véi mit day (ABCD) bang
60°, khoang cach tir B dén (B’AC) biang a«/3 . Tinh thé tich khéi ling tru ABCD.A’B’C’D’.
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Bai 30: Cho lan tru dang ABC.AB,C, day la tam giac déu. Mt phang (ABC) tao véi day
(ABC) mét goc 30° va tam giac ABC c6 dién tich bang 8. Tinh thé tich khéi lang tru.
Bai 31: Cho ling tru tr giac déu ABCD.AB,C,D, c6 khoang céch giita AB va AD bang 2.
Do dai duong chéo mit bén bang 5.

a) Ha AK L AD. Chtng minh AK = 2.

b) Tinh thé tich khéi lang tru da cho.

Dang 2. Bai tap vé khéi nén, khéi tru
Bai 1: Thiét dién qua truc cuia mot hinh nén 1a mot tam giac vudng cd canh géc vudng bing a.
a) Tinh dién tich xung quanh va dién tich toan phan cua hinh nén
b) Tinh thé tich cua khdi n6
¢) Mot thiét dién qua dinh tao voi ddy mot goc 60°. Tinh dién tich caa thiét dién nay
Bai 2: Cho hinh nén tron xoay c¢6 dudng cao h =20cm, ban kinh day r = 25cm.
a) Tinh dién tich xung quanh va dién tich toan phan cua hinh nén
b) Tinh thé tich cua khdi nén
¢) Mot thiét dién di qua dinh cua hinh ndn ¢ khoang cach tir tim caa day dén mat phang
chira thiét dién 12 12cm. Tinh dién tich cua thiét dién d6
Bai 3: Cit hinh non dinh S bai mat phang di qua truc ta dugc mot tam giac vudng can cé canh

huyén bing a</2

a) Tinh dién tich xung quanh va dién tich toan phan caa hinh nén

b) Tinh thé tich caa khdi non

¢) Cho day cung BC cua duong tron day hinh nén sao cho mat phiang (SBC) tao véi mit

phang chira ddy hinh nén mot goc 60°. Tinh dién tich tam giac SBC
Bai 4: Mot hinh tru co day 1a duong tron tam O ban kinh R. ABCD la hinh vudng noi tiép
trong duong tron tdm O. Dung cac duong sinh AA’ va BB’. Goc cua mp(A’B’CD) voi day
hinh tru 1a 60°.

a) Tinh thé tich va dién tich toan phan cua hinh try.

b) Tinh thé tich khdi da dién ABCDB’A’.

CHUYEN PE 2. HINH HOC TOA PO TRONG KHONG GIAN

Dang 1. Bai tap co ban ing dung vé diém, doan thing, goc
Bai 1: Trong khong gian Oxyz cho A(0;1;2) ; B( 2;3;1) ; C(2;2;-1)

a) Tinh F :[E,A_c'].@us@) .

b) Chting té rang OABC 1a mét hinh chir nhat tinh dién tich hinh chix nhat do.
¢) Viét phuong trinh mat phang (ABC).

d) Cho S(0;0;5).Chiing to rang S.OABC la hinh chép.Tinh thé tich hinh chop.
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Bai 2: Cho bén diém A(1;0;0) , B(0:1;0) , C(0;0;1) , D(-2;1:-1)
a) Chang minh rang A,B,C,D la bén dinh cua tt dién.
b) Tim toa d6 trong tdm G cua tir dién ABCD.
c) Tinh céc gbc cua tam gidc ABC.
d) Tinh dién tich tam giac BCD.
e) Tinh thé tich tir dién ABCD va d6 dai duong cao cua tir dién ha tir dinh A.

Bai 3: Cho hinh hop chit nhat ABCD.A’B’C’D’biét A(0,0,0), B(1;0;0), D(0:2;0), A’(0;0;3),
C’(1:2:3).

a) Tim toa do cac dinh con lai cia hinh hop.

b) Tinh thé tich hinh hop.

¢) Chung to rang AC’ di qua trong tdm cua hai tam giac A’BD va B’CD’.

d) Tim toa d6 diém H Ia hinh chiéu vuéng goc cia D 1én doan A’C.

Bai 4: Trong khéng gian toa do Oxyz cho diém A(2;3;4). Goi M1, My, M3 lan luot 12 hinh
chiéu cua A I&n ba truc toa do Ox;0y,0z va N1, N2, N3 | hinh chiéu caa A 1én ba mat  phing
toa d§ Oxy, Oyz, Ozx.

a) Tim toa do cac diém M1, M2, M3 va N1, N2, Ns.

b) Chtng minh rang N;N2 L AN3 .

¢) GoiP,Q la cac diém chia doan N1N2, OA theo ty s6 k xac dinh k dé PQ//M1N1.

Bai 5: Thyc hién tim
a) Chobadiém A(2;5;3),B(3;7;4),C(x;y;6).Timx, ydéA, B, Cthang hang
b) Cho hai diém A(-1; 6 ; 6), B(3; -6 ; -2). Tim M thudc mp(Oxy) sao cho MA + MB
nho nhat.
¢) Tim trén Oy diém cach déu hai diem A(3;1;0)vaB(-2;4; 1).
d) Tim trén mat phang Oxz cach déu ba diém A(1 ; 1; 1), B(-1;1; 0),C(3 ;1 ; -1).
e) Cho haidiém A(2;-1;7), B(4;5; -2). Puong thang AB cit mp(Oyz) tai diém M.
Piém M chia doan AB theo ti s6 nao? Tim toa do diém M.

Bai 6: Trong khoéng gian toa do Oxyzcho A(1;1;0),B0;2;1),C(1;0;2),D(1;1;1)
a) Chung minh bdn diém khong dong phang. Tinh thé tich t dién ABCD.
b) Tim toa d6 trong tdm cua tam giac ABC, trong tam t dién ABCD.
¢) Tinh dién tich cac mat caa tu dién.
d) Tinh d6 dai cac duong cao cua khéi ti dién.
e) Tinh géc giita hai duong thang AB va CD.
f) Viét phuong trinh mat cau ngoai tiép tr dien ABCD.
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Dang 2. Bai toan vé phwong trinh mit phiang va dwong thing
Bai 1: Thuc hién tim
a) Viét phuong trinh tham sb,chinh tic cua duong thang qua hai diém A(1;3:1) va
B(4;1;2).
b) Viét phuong trinh dudng thang (d) di qua M(2;-1;1) vudng goc vaéi mit phing
(P) : 2x — z + 1=0. Tim toa d6 giao diém cua (d) va (P).
¢) Viét phuong trinh tham sb ,chinh tic cua dudong thang d 1a phuong trinh giao tuyén cua
hai mit phang (P):2x+y—z+4=0 , (Q)X—y+2z+2=0
Bai 2: Trong khéng gian Oxyz cho ba diém A(0;1;1), B(-1;0;2), C(3;1;0) va mot dudng
x=t
thang (A) c6 phuong trinh{ y=9+2t , teR
z=5+3t
a) Viét phuong trinh mat phang («) di qua ba diém A,B,C.
b) Viét phuong trinh tham sé , chinh tic duong thang BC.Tinh d(BC,A).
¢) Chang to rang moi diém M cua dudng thang (A) déu thoa mdn AM L BC, BM L AC,
CM 1 AB.

Bai 3: Trong khéng gian cho hinh hop chir nhat ¢6 cac dinh A(3;0;0), B(0;4;0), C(0;0;5),
0(0;0;0) va D 1a dinh d6i dién vai O.
a) Xéc dinh toa d¢ dinh D.Viét phuong trinh tong quat mat phang (A,B,D).
b) Viét phurong trinh dwong thang di qua D va vudng goc v6i mat phang (A,B,D).
¢) Tinh khoang cach tir diém C dén mat phang (A,B,D).

X=-2t' X=2+t
Bai 4: Cho hai duong thang: (A):{y=3 (A):q y=1t tt'eR
z=1+t' z=2t

a) Chung minh rang hai duong thang (A) va (A’) khong cit nhau nhung vudng goc nhau.
b) Tinh khoang céch giita hai duong thang (A)va (A).

¢) Viét phuong trinh mat phang (P) di qua (A) va vudng goc vai (A”).

d) Viét phuong trinh dudng vudng goc chung caa (A)va (A”).

Bai 5: Trong khong gian Oxyz cho bén diém A(-1;-2;0), B(2;-6;3),C(3;-3;-1),D(-1;-5;3).
a) Lap phuong trinh tham sé duong thang AB.
b) Lap phuong trinh mp (P) di qua diém C va vudng goc voi duong thiang AB.
¢) Lap phuong trinh duong thiang (d) 1a hinh chiéu vudng goc cua duong thing CD
xudng mat phang (P).
d) Tinh khoang céch giira hai duong thing AB va CD.

Bai 6: Trong khéng gian Oxyz cho A(3;-1;0) , B(0;-7;3) , C(-2;1;-1) , D(3;2;6).
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a) Tinh céc goc tao boi cac cap canh ddi dién cua tu dién ABCD.

b) Viét phuong trinh mit phang (ABC).

¢) Viét phuong trinh dudng thang (d) qua D vudng gdc véi mit phang (ABC).
d) Tim toa d6 diém D’ ddi xting D qua mat phang (ABC).

e) Tim toa d6 diém C’ ddi ximg C qua duong thiang AB.

Bai 7: Cho duong thang

X=-2+t
(A):qy= 4t vamp(P):x+y+z-7=0
z=-1+2t

a) Tinh goc gitta dudng thang va mat phang.
b) Tim toa d¢ giao diém cua (A) va (P).
¢) Viét phuong trinh hinh chiéu vudng goc cua (A) trén mp(P).

Bai 8: Trong khong gian Oxyz cho hai duong thang (A) va (A’) lan lugt co6 phuong

X=7+3t

trinh: p: X2 Y*2 275 . A y=2+2t.
3 4

z=1-2t

a) Chung minh rang hai duong thang (A) va (A?) cung nam trong mat phang ()
b) Viét phwong trinh tong quat ciia mat phang (o)
¢) Viét phuong trinh dudng thang (d) vudng goc va cat ca hai duong (A) va (A”) .

Bai 9: Trong khong gian Oxyz cho ba diém A(5;0;0) , B(0;5/2;0) C(0;0;5/3) va dudng thang
(A):x=5+t;y=-1+2t; z=-4+3t .
a) Lap phuong trinh mit phing () di qua A , B, C. Ching minh rang (o) va (A) vuéng
g6c nhau, tim toa do giao diém H cua ching.
b) Chuyén phuong trinh cua (A) vé dang téng quat. Tinh khoang cach tir M(4;-1;1) dén
(A).
¢) Lap phuong trinh dudng thang (d) qua A vudng goc véi (A), biét (d) va (A) cit nhau.

Dang 3. Bai toan vé phwong trinh mat cau
Bai 1: Trong khong gian véi hé toa d6 Oxyz cho mit phang (P) va mit cau (S) c¢6 phuong
trinh twong tng: (P): 2x - 3y + 4z -5=0 (S): X2+ y? + 722+ 3x + 4y - 52 + 6=0
a) Xac dinh toa do tam | va ban kinh R caa mat cau (S).
b) Tinh khoang céch tir tAm I dén mait phang (P). Tir d6, suy ra rang mat phing (P) cat
mit cau (S) theo mot duong tron ma ta ky hiéu 1a (C). Xac dinh ban kinh R va toa d6
tdm H cua duong tron (C).
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Bai 2: Trong khong gian cho (P): x + 2y —z + 5 = 0 diém 1(1;2;-2) va duong thang

X=-1+2t
(d):qy=t ,teR
z=4+t

a) Tim giao diém caa (d) va (P). Tinh géc giira (d) va (P).

b) Viét phuong trinh mat cau (S) tam | tiép xdc véi mat phang (P).

¢) Viét phuong trinh mit phang (Q) qua (d) va I.

d) Viét phuong trinh duong thang (d’)nam trong (P) cat (d) va vudng goc (d).

Bai 3: Trong khdng gian Oxyz cho A(1;-1;2) , B(1;3;2), C(4;3;2), D(4;-1;2).

3)
b)

c)

Chang minh A,B,C,D 14 bbn diém ddng phang.

Goi A’ 1a hinh chiéu vubng goc caa diém A trén mat phiang Oxy. hdy viét phuong
trinh mat cau (S) di qua bén diém A’,B,C,D.

Viét phuong trinh tiép dién (o) cua mat cau (S) tai diém A’.

Bai 4: Trong khéng gian Oxyz cho A(2;0;0) , B(0;4;0), C(0;0;4).

a)

b)

c)
d)

Viét phuong trinh mat cau qua 4 diém O,A,B,C. Tim toa d6 tdm | va ban kinh caia mat
cau.

Viét phuong trinh mat phang(ABC).

Viét phuong trinh tham sb ctia dudng thang qua | va vudng goc mat phang(ABC).

Tim toa do tAm va ban kinh dwdng tron ngoai tiép tam giac ABC.

Bai 5: Cho mat cau (S) c6 phuong trinh x? + y? + 72 - 2x - 4y - 6z =0

a)
b)

c)

Xac dinh tam va béan kinh mit cau (S).

Goi A,B,C lan luot 13 giao diém (khac diém géc toa do) ciia mat cau (S) véi céc truc
toa 46 Ox,0y,0z.Tinh toa d6 A,B,C va viét phwong trinh mat phang (ABC).

Tinh khoang céch tir tim mat cau dén mat phang. Tir d6 hiy xac dinh tdm va ban kinh
duong tron ngoai tiép tam giac ABC.
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